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Propagation of cracks through an ice shelf as precondition for calving:
numerical experiments with an idealised glacial system
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Abstract

We investigated mechanisms which might lead to the calving of large icebergs from floating ice shelves
in Antarctica. To this end, a number of experiments were carried out with a numerical model of ice shelf
dynamics. The results show that it is possible to distinguish between favourable and unfavourable regions
for crack growth. We also show that it is possible to delineate crack propagation paths on the basis of
principal stress trajectories. The scope of this study is limited by the inability to perform time-dependent
simulations of ice shelves containing cracks with the present numerical model.

Introduction

Mechanisms have been proposed to explain the calving of small icebergs (with width about equal to one ice
thickness) from the ice fronts of tidewater and lake-bounded glaciers (Reeh, 1968; Fastook and Schmidt,
1982). However, no coherent theory exists which is concerned with the calving of large tabular icebergs
from Antarctic ice shelves (with main axis lengths of tens to hundreds of kilometres). Such calving events
appear to follow a certain basic pattern: inlets open more or less perpendicular to the ice shelf front,
intermittently widening and growing, until the final break-off of icebergs occurs rapidly, and frequently, at
an angle with the original orientation of the inlet (sometimes joining two inlets).

While research is under way to investigate the fracture mechanical properties of Antarctic shelf ice (e.g.,
Rist et al., 2002), the question of climatic sensitivity of ice shelves is becoming ever more relevant. This
issue can hardly be addressed in numerical simulation studies without the explicit consideration of calving
processes.

Therefore, this study aims at formulating some first conceptual ideas concerned with ice shelf calving

mechanisms. We focus on the question whether there are fimtegsal to the ice shelf system which can

drive such calving mechanisms. Internal stress fields of idealised ice shelf configurations are investigated
here by means of a numerical model of ice shelf dynamics (itself part of a coupled grounded ice sheet — ice
shelf model). In particular, we studied the effects of inlets penetrating into the ice shelf.

As a result, we demonstrate how a numerical model can be used to assess, in principle, whether fractures
will propagate in different areas of an ice shelf. Quantitative predictions are not possible without further
research, but it appears that established criteria for material strength (e.g., the von Mises yield criterion) can
be adapted easily to our conceptual framework. We also show how the paths of fractures propagating
through the ice shelf can be determined.

Description of numerical experiments

The numerical model of ice shelf dynamics which we used in this study is part of a coupled ice sheet — ice
shelf model. An initial diagnostic (time-independent) version of this model was developed by Sandhager
(2000) and later extended to enable time-dependentllimod@s described in Bleke2002).

The model is based on differential equations which describe material properties and continuum mechanics of
the system. The so-called shallow shelf approximati®8A e.g. Weis et al., 1999) is used to simplify
calculations. SSA ignores vertical shear within an ice shelf body and thus treats velocities of ice flow as
depth-invariant. The equations are solved numerically on a regukdr KB) grid. In diagnostic mode, the

model takes as main input the geometrical layout of the glacial system and mean annual temperatures and
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accumulation rates at the ice shelf surface, from which it calculates ice flow velocities. In time-dependent
mode, it requires additional climatic input parameters which govern the evolution of the ice shelf geometry.

In this report, we describe a series of experiments through which we attempted to simulate the reaction of
stress and velocity fields in the ice shelf body to the propagation of fractures within the ice. We restrict
ourselves to an idealised ice shelf geometry in (two-dimensional) plan view, the same as has been used by
Grosfeld et al. (this issue), who coupled the present ice shelf model to an ocean circulation model. We
consider stresses in the uppermost layer of the ice shelf body only, since this top layer represents in our
simplified model approach the coldest and stiffest part of the ice shelf, and therefore has been argued to
constrain decisively ice shelf dynamics.

‘Cracks’ or ‘inlets’ are simulated in a very simple and crude way: grid cells identified as containing ‘ice’ are
changed to containing ‘ocean’ along a line corresponding to the crack. In this way, we can only simulate
features substantially larger than the 5-km grid resolution. Also, at present, we cannot use the model in time-
dependent mode once these inlets are introduced, since the opening and migration of cracks represent cases
of grid cell behaviour which are not yet considered in the model rules. The one simple rule we use to
determine the path of crack propagation is that fractures open perpendicular to the direction of greatest
tensile stress (according to the(f)max theory; cf. Ingraffea, 1987). Inlets are introduced at more or less
arbitrary locations and then extended incrementally; that is, only five grid cells are ‘cracked’ at a time, and
stress patterns are re-calculated after each step. The reason for this is that we did not know from the outset
whether the way the crack modifies the stress field during propagation would significantly change its
eventual path.

Results

The stress fields which characterise the different ice shelf geometries of our experiments are presented here
in terms of principal and effective deviatoric stresses. Although the absolute stresses dominate the fracture
processes, the use of deviatoric stresses (absolute stresses from which the hydrostatic stress has been
subtracted) should not pose a problem since both quantities are proportional. Principal stresses are obtained
by rotating, at any point, the coordinate axes such that shear stresses disappear. In two dimensions, one
obtains the values and directions of two principal stresses (at right angles to each other), where the first
principal stress is defined as the numerically larger, the second as the smaller one. Across the entire ice
shelf, the first principal stress is tensile (positive), and thus indicates the direction perpendicular to which
fractures are expected to propagate in most cases (cf. Ingraffea, 1987). The effective stress is defined as the
second invariant of the stress tensor and reflects the overall state of stress at any point (cf. Paterson, 1994).

Stress fields from an experiment where one crack is introduced at one side of the ice front show pronounced
anomalies which migrate ahead of the propagating crack tip. Particularly remarkable are the nearly circular

anomalies in the distribution of the effective stress (Fig. 1). The second principal stress shows a pronounced
tendency to produce ‘arches’ of extreme values (Fig. 3), which have already been noticed and connected to a
stability criterion for ice shelves by Doake et d908).

Experiments with several cracks introduced in different areas in the vicinity of the ice shelf front resulted in
pronounced stress anomalies for some, but not all, of the cracks (Fig. 4). An ‘arch’ of high second principal
stress at times connects two inlets (Fig. 5). Although the pattern of stress trajectories (indicating orientations
of principal stresses) changes while a crack is propagating incrementally, the eventual path does seem
predetermined by the pre-cracking configuration (Fig. 6).

Discussion

The stress anomalies resulting from our experiments compare favourably with theoretical predictions. Figure
2 shows the pattern of effective stresses around a crack tip calculated from equations given by fracture
mechanics theory. Fracture mechanics describes the effects of pre-existing cracks within a given stress field.
The basic idea is that the crack serves as a ‘concentrator’ which focuses stresses at the crack tips (Atkinson,
1987). The simplest relations are obtained for the idealised case of elastic-brittle material behaviour; this
variant of fracture mechanics is commonly referred téireesar-elastic fracture mechani¢t EFM).
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Figure 1: Distribution of effective deviatoric stresses in the vicinity of a propagating
crack tip. The crack was broken into the ice shelf in increments of five cells at a time, but
the model was only used in diagnostic mode (without consideration of time).
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Figure 3: Distribution of positive (tensile) second principal deviatoric stresses in the area of the propagating crack.
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In LEFM, the stresses at the crack tip are associated with a so-sakexs intensity factoiK, which can, in
two dimensions, be calculated from (Atkinson, 1987)

K = Yo, (Ttc)2

whereg; is the remote applied stress amthe crack half-lengthY is a correction factor to account for crack
and stress field geometries; it is, however, often set to 1 (corresponding to a straight crack in a field of
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uniform stress). An existing crack will grow largerKf exceeds a critical valul., but will stop to grow if

K < K. . The direction of crack growth is given slightly differently by two competing theories, the already
mentionedas(f)max theory (propagation perpendicular to direction of greatest tensile stress), aSbxhe
theory, which predicts crack growth in the direction of minimum strain energy density (which is more
difficult to apply in practice; cf. Ingraffea, 1987).

Nonlinear effects can be considered by assuming a ‘process zone’ at the crack tip, where the material does
not behave in a linear-elastic way. For this zone, appropriate constitutive models can be formulated which
describe the deformation processes necessary to induce crack opening (see Ingraffea (1987) for a well-
illustrated example). However, LEFM applies even if the process zone is small compared to crack length or
ligament (the distance between crack tip and the next open surface). Also, whgreas a material
property, is considered constant in the LEFM case, it may depend on crack length with materials that behave
nonlinearly (e.g., if strain hardening or softening occurs).

Our numerical model reproduces the patterns predicted by LEFM remarkably well (Fig. 2), despite the

theory not being implemented explicitly in the model. But as long as basic material properties are considered
by a numerical model, it should be capable of reproducing the predictions of LEFM independently. In fact, it

should even be capable of reproducing nonlinear material behaviour.

One of the inferences that can be drawn from basic LEFM is that cracks will continue to grow once a critical
initial crack length is exceeded. Also, the dependencé oh crack length means that crack propagation is
possible even under very low stresses, similar to those found in ice shelves and glaciers (in the order of
hundreds of kPa at the highest). Alternative approaches to fracture of materials (mainly so-called strength-
of-materials approaches) predict failure often only at much higher stresses. This is one of the reasons why
fracture mechanic approaches were adopted in glaciology in the first place (e.g., Rist et al. , 1996, 1999,
2002).

Ice is not an elastic-brittle solid. However, using our numerical model, we may be able to make predictions

without deciding whether LEFM is applicable or not. Figure 1 shows a propagating crack which continues to

re-create the circular anomaly of the effective stress field at its tip. Possibly, the behaviour of ice can be
modelled satisfyingly by assuming a process zone with an associated constitutive model for crack opening
based on effective stress. In fact, such models exist (e.g., the so-eatiedises yield criterionand have

been proposed for use in connection with process zones (Ingra&éa).

Figure 4, on the other hand, shows that some cracks do not exhibit these pronounced anomalies. It may thus
be possible to decide on the basis of such ‘test cracks’ whether cracks or inlets are likely to grow or will
more probably come to a rest. In addition, it appears that the direction of crack propagation can be decided
on the basis of the pre-crack configuration of principal stress trajectories (Fig. 6).

Figure 4. Distribution of the effective
deviatoric stresses a for a model
configuration containing seven inlets and
(b) for the crack at the right-hand edgé o
the ice shelf, but for a shorter crack length.
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These results should be seen in the light of two limitations of our experiments. First, we have not yet been
able to perform time-dependent model runs. This leads to unrealistic velocity and stress fields if the crack
grows too far toward the ice shelf interior. The widening and migration of an inlet is controlled by dynamic
processes, but their implementation requires our present numerical model to be modified. As a result, we
cannot simulate yet the often slow and intermittent process of inlet growth (since there is no temporal
dimension implied in our experiments), and the final break-off of large icebergs. This break-off occurs often
rapidly and along fractures which open in directions different from the original inlet orientation (possibly,
pre-existing rupture zones exert significant influences here).
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Secondly, the existence of anomalies at crack tips depends in our model crucially on the exact formulation of
a boundary condition for the ice front (cf. Mayet996). At present, we use a rough parameterisation to
calculate the decisive freeboard heights at the ice shelf front. But in order to validate our results for the stress

fields, it will be necessary to investigate how this boundary condition is best formulated or parameterised in
order to achieve the most realistic results.
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Figure 5: Distributions of positive (tensile) second principal deviatoric stresses for a model simulation where three
cracks were forced to propagate into the ice shelf. Again, no temporal dimension is implied.
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Conclusions and Outlook

We believe that nhumerical models of ice shelf dynamics can be used to answer, at least, the following two
guestions concerning large-scale iceberg calving:

(1) Inwhat regions of an ice shelf pre-existing flaws and cracks are likely to grow further?

(2) In which direction will these cracks propagate? (They will propagate perpendicular to the orientation of
the trajectories of the first principal stress.)

It will be necessary, as the next step towards improving our understanding of the processes of iceberg
calving, to modify our existing numerical model of ice shelf dynamics such that the effects of crack
widening and migration are considered. This includes the development of a better representation of cracks
within the model domain.

In the meantime, there remains the question whether anomalies in the stress fields, in particular in the field

of the second principal stress with its conspicuous ‘arches’, can be used to predict the location of post-

calving ice fronts (compare Doake et al., 1998; Doake, 1996). Maybe, these arches correspond to zones
which are more vulnerable to the influence of internal stresses and external forces (e.g., tidal flexure), and

thus determine potential fracture paths.
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